Bope)n\/me_(v\'c, Whe qu alihes
1 (

Theorew (“M" isopenmetric \\Aecimlny\
Avmong oodies & gven vdume , Eucliclen bolls hhave
Hie lesst seerface area.
let C e o coavpact b R™ warh \:O‘CC>=V°‘(3;>,
Suchee area: € () :li"\f,;‘ vd (c<z B, 2— v ()
Addive BT meguly : Vil (C+£87) > sy (S * = 57"
$o ok (cee®)) - V() 2 (wl@ <z vi(& ) — Wl (c)
> }J/C + nwlle)~ 2 Vol(gz“)é_yfc/: ne vd(8")
o 6 (90 = nvd(8) = 6 (3R =

tnit balf




Explan ahen a(z 6(9825 = n Ul (g,r): Cone Oumument
‘Ig R s the base (diw n) oe A Cone_ C OQ begt 1
Thew vl (C) = CA#(L)""- 6(R) = ﬁ@.

Dl\/[dﬂ\“a CA SP[‘\wcj Mo Swlauer Z/quj‘&r Caes We

Tl (mr)- £08)

A“—Crnah\f& Wey C@ S('?L‘—ll’\ﬁ, tee iSapgnMn‘c |\n€,7mwb77 j
For xc” £ AcﬁZ", ole]eue o{[x,A\ - \wﬂi U=ze—gh, : 4 € A §
For 250 £ Ac ﬁl") alc@-\«e, A£=§:ceﬁlﬂ: d(x/,MgS%

= A+ R = \&i—waiﬁ(a‘ow[«ovvl of A’ [\%li'%




T sope rimebic Mmeguall, (v2)
Oen Acr’ 'cmmp £ nan-cuaply, it hdds Yoo Haab
Vol [ A5 2 Vel B)) whee & ic e Euclidea. ball
with He came vdume as A,
% Euchidean balls are He least @({;mdm? sefs .
Proof
Vel (As) = W (A<e® = W (G252 <R
> () WA« £ (8] by BT epeelsy
= (W(AYee WERY)
= (wl® <2 vi®" )’
= (+g)"vdB) = vd(& ) B




Isope/n'me/fﬁc, Me gualhes W dﬁﬁ&rak Setings

A4 . Sphere S c
Aistance d = caeavles.’c, clisknce an Hhe splere o
Euclidean diskmce wwherled fron R”
6 (A) = Sphencal wmeasre f Ac ST
Theoew (Lavy , withat po-f )
Gven AC S canpuck & nan-ewphy, i+ hodds  Yeso Hal
G(Ai\; 6((55 where C is « cap o{isamcw‘um&

50 Ca.()s are te ’easl' @CPGMWLMg seks Hez Q/H’“"(?-



Coroll ary
Lo AcS™" be a ddoed st suck ot 6 (A)=1
(we cansider here the spherical wmeasure normakzed ko 1)
Then Vo<£sfé-) 6(A£\ > 4—-63<{>(—€2h/z\)
T hat s, as n—>eq )n&a.oly oll He aren of Hie 3{;(/\2/-& 1<
Conktied \ Hhe <ok Ai, l' Veven Hrangl A ig “am/saé>

Sucdh rhak vd(a)=12
Pﬂ)% !
By Lex/y’s \“{Aaoﬁm\) ([Ai\ 2 ((Hg> WL@«-& U i
Hee QWHAern h&%}PL\Jw&: } ol CQ_P Q _ Hac
(A\/AEJ ‘?W < ,«Mau Wﬂy) Hizib :?:Ce §'M.'T2:,«,>,£%

H



6 [ 16 (A D12 H-1& (G

To evalkate Ve (nommalized) 4»«/%& & the cap Ci
leb Us dosene Hat it is egual o Hre (nomalized)
Vdume o e cone C/; frow Hre conter of He sphee b G

zbwwf when 25—;—’2-) Huis cmeca

5 catzed L a SPL%O@DL&L(A’;W

~—1

Y
'
e ‘\ € -
A ’

<o \/J(éw < \ﬁ«—z?n

( aaa(f»\ e nomnalized UJMM«L\



ﬁ\/\aM&/) we. duvwn

NG :

6 (AD > 4- (&) 1= (=)
=4 C% > A- @@(—Wf—/\

(A'x ce ™)

+ Whe, A=W Hus g Soyy g Hak 6 (H,) > 1- exp (g

omad \D7 CA %W&(‘Wc arawvva\l— we. ol

( 3 > A (2_@({)(_ mé;z
wl'l.br& £ < H’/\a eyaqﬁvr (ézc gtw = 0%>
(ond E; s H/lzsma,uts*hib d VWO(’HAZWO( ,I—B

v Two m#«m A )\Aole,f)a,‘ofu\i— vedksrs UV a S\M'q sah‘g?;

P ( UTy > E:\\ = G(Q) 4 @VHQZ/Z : Hw, are Qlmest Maﬁwa/ /



Allemate vesion and ped K the coollary o (Buys Hueoroun -

Tl
Lk Ac S be st (nomalized ) 6 (Ay21
Then f amy 250 6 (M) 2 A-2 expl-nz%)
Prozf -
Lok B=54qeS™ dly,A) e | o= Euckdean isince
Vceh & yeB 1| 222 uQ JTHRLS M’Ci" 44,5—12 Mrces
I8 ¢ 1- 5 T Lle
+ Lt A= cwu(Aufc%B,E: aaw(@ugog\
Thew, i+ also hdde Wl Yze A £ 5eR.
HEZ U= [[zfe) = W o(Zt) Qo) 2l <olt-Z) <P e B

z



_‘/Ltz oboove. cmpubh‘w shave Haak E—f C (4- E;B'g: .
Ol\oserve algg Yok €(A> = vd (XY .

V\Of‘mal«'&ﬁd> normalized >

(6($"“)=4 (V,,l (8 )="

Apply nav  wudiybuive BIT Megecdd, o A 2 B

é .0 f 7

e V8 = w8 5 Ay e
<3>v\=r/)> (2>>@>§> |
Hoce 1- 6 (A) - 6([R) = () < (-5 _ @-%)

V() ¢ A

N0\~c: Tl/u‘s Pm% 8441—0140(5‘ o Slnm‘(/’{y C.onvex §vw=(44ceg‘




Here s (yd-) amo ey re?a"wwlwhaa O{L LCVY/S Hwe orem -

rTheaes, ( always CaA;,."ofen\A? Hie viormalized SPL\En'caJ drdagert)
Lok £.S"" =R be a £-Lpschitz Lunoha
(ie. W& £l < u=qgl, Yoy e S )
Then 6 (§€> Mp<23) < explnzh)  Yoceed
where o is the median . £ ie the real number
cuch tha b 6(§2m) =1 ¢ 6‘({@4“\3%52%,

NaL& H'\w{- éﬂ\w{{axl;«) one Camn S(""W Heal
6 (§fcMp-23) ¢ exp(Cnz’a) Moczel



TLUS 8 SW/I\/U(] Haak t’ﬁ X i a port Aramn u/m]grmly ok
omdan on He sp('\-ere) Hhea £(><5 i¢ e-doe to it medin
wita \/\Ag\« m\oa&[/\% (as e dimensian n geke lanB.

Pood of e heaen,
Ler A;é? sl\'(gg L Hen ze A nﬁ dyeA sk Kxe-gu e
Bk m Hea case | (19(7,\ —Q(‘J)( ¢ -y, <& by the Lpschite pep.
So -P[x) s?{«ﬂ*-z s Mg as geh
So 6 (§eMpeci) 2 6 (A 2 - ep(cue¥)
(N8 6 A)24 qenend | bub Uuis can only erease 6 (AN]

e O/( fﬁ? ng +z§\ < c»@(oms%\.

e



PR} &Més';am Mmeaswuye on ﬁzn
d: EMMAO{@M CIAS‘-&«C@
Vol (A» =§dac al 6&{3(—— \At«, 3
A

\CZF')A/Z Pl L
standad Gauseion Pof@
Tlheorew (@%M) withan pﬂm’r}
Tf Ac R i clmed aud such Hur vl (A)-1
Hen it hdde  Weso Hat Vd (AL) > Vd (Hy) |
where H i e Walf cpre H:{xem":p,goz

go \Aalf spaces cure e leagh exfﬂmbug cobs here



(_,l\/\ln: betvueen A CSPW) % Z-(éus%m)

Consider Xy-nX, iid ~ N (o, 1) : thew jo;\d— PA@ 5

qu§3

Px(x\z -@;%,W--f/x(a(. -

T+ hums ad Pk

. e mndan vecker ></uxuz=y/i—l,z(54)-..)>é\
6 tunifrmby dighibuted o the sphere S

XU = [ xE Cancenhubes Owvrnd Hhe
valte fn as ws o (o He mnday veckr X
tsell ConcCenbates an Mo sp‘*@rc@# radicis ﬁ?)




Cm-/uour\y of Borells Hreoren
ler Ac W™ be a chsed sob such Heak Vol (A)=1
Then VA (A) 2 4-exp(-€%) VYeoo

Proof
By Borells Hew, Ul (A) 2 Vol (M= P c£9)
- A= P((x>2Y) 24— exp(-e%) (Chekysber)

N/;&_: ﬂ&{s < §a7.m3, H/lq,l» VOMAGiB ;;) A
( even P(ama[,. vd (A\= J"Z‘,\ /,\

do ud grv*ce/l— Rk we are
<ccm;;cizﬁué i whale spece.

Rl el



Hore i an allemate dervaban . the abase
Cor-duwf‘/ (u_Pb ‘Fkol'&rs 2) that does wd reguire. usig
the isopenmemc egually | buwk wses nslead the
Prc:‘»(cpav Leindllen I\Aeﬁaw&b .

Lemma
Let X be a Giussan veckor wibh goik P px s befre.
and AcR" Then Elexp(dlsnSA)) <

Conceguence
TP Rlxen)-?  te

7))
P dbor) >=) < E(ep( dls 0/ <2 ~ =2
( > oo, <59 (270 exp (- %)

P[ A)

',5. .)(¢ A&



P(’DZ{» 02 H/\e, l@wwma:
et £(=) = exp(de,aN7s) pl=), ﬂ(x) = p(x) P(2), w (2)=pley

ﬂ:(e)({)(o((% A\A\) (Az{i(x) ﬂj(%é A\ 50!7:3{2:) 4= Sa‘a:h(':c)

PL l\ae7aa1«77 wir /J= (de f[x) ( fdzﬂ[z% (go(z m[z)> -1
CordFion o be checked . (€ w(nai— we. wM /
19[%33/‘7) £ m(x,‘?‘_i\z 'Vz/‘jé R”

LTudeed . ‘# «U¢A Here i< naf’f/u\aa to prave , So assume UéAi

f(@ﬁ(ﬂ"(w) exp(- Aok’ tat gt

¢ (7) ""‘P( Mac—f]“?_'ﬂi" uv“z CW\ "XP( uzc+ Kt 3
— e () ;H:




